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1 MZV, MZSV & Sum Formula
2 (MZV MZSV) Sum Formula
$n$ $\mathrm{k}=(k_{1}, k_{2}, \ldots, k_{n})$ $k=k_{1}+k_{2}+\cdots+\ovalbox{\tt\small REJECT}$
$\mathrm{k}$
$\mathrm{w}\mathrm{e}\mathrm{i}\mathrm{g}\mathrm{h}\mathrm{t}_{\text{ }}n$
$\mathrm{k}$ $\mathrm{d}\mathrm{e}\mathrm{p}\mathrm{t}\mathrm{h}_{\text{ }}s=\#\{i|k_{i}\geq 2\}$
$\mathrm{k}$ height $n\geq s\geq 1$
$k\geq n+s$ $k,$ $n,$ $s$ weight, depth, height
$I(k, n, s)$ $k_{1}>1$ admissible
$I(k, n, s)$ $I_{0}(k, n, s)$ $I(k, n, s)(I_{0}(k, n, s))$
height $I(k, n, *)(I_{0}(k, n, *))_{\text{ }}$ depth
$I(k, *, s)(I_{0}(k, *, s))$
$\mathrm{k}\in I_{0}(k, n, s)$ $\mathrm{M}\mathrm{Z}\mathrm{V}:\zeta(\mathrm{k})$ MZSV: (k)
$\zeta(\mathrm{k}\rangle=\zeta(k_{1}, k_{2}, \ldots, k_{n})=\sum_{m_{1}>m_{2}>\cdots>m_{n}>0}\frac{1}{m_{\iota^{k_{1}}}m_{2}^{k_{2}\ldots k_{n}}m_{n}}$,
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$(\mathrm{k})=$
$(k_{1}, k_{2}, \ldots, k_{n})=\sum_{m_{1}\geq m_{2}\geq\cdots\geq m_{n}\geq 1}\frac{1}{m_{1}^{k_{1}}m_{2}^{k_{2}}\cdots m_{n^{k_{n}}}}$
multiple zeta value (MZV) multiple zeta-star value (MZSV)
Q
1990





$\zeta(2,1)=\zeta(3)$ , $\zeta^{*}(2,1)=2\zeta(3)$ ,
$\zeta(3,1)+\zeta(2,2)=\zeta(4)$ , $\zeta^{*}(3,1)+\zeta^{*}(2,2)=3\zeta(4)$ ,




$I(k, n, *)=\{(k_{1}, k_{2}, \ldots, k_{n})|k_{1}+k_{2}+\cdots+k_{n}=k, k_{i}\geq 1\}$
$I(k, n, *)$ 2 $\mathrm{k},$ $\mathrm{k}’$ $n$
$\mathrm{k}\sim \mathrm{k}’$ $I(k, n, *)$
$\Pi(k, n)=I(k, n, *)/\sim$
H0ffman MZV
38
21(MZV [9]) $\Pi(k, n)(0<n<k)$ $\alpha$
$\sum_{(k_{1},k_{2},\ldots,k_{n})\in\alpha}\sum_{i=0}^{k_{1}-2}\zeta(k_{1}-i, k_{2}, k_{3}, \ldots, k_{n}, i+1)=\sum_{(k_{1},k_{2},\ldots,k_{n})\in\alpha}\zeta(k_{1}+1, k_{2}, k_{3}, \ldots, k_{n})$
MZSV
2.2 (MZSV [14]) $\Pi(k, n)(0<n<k)$ $\alpha$











3.1 ([2]) $s>0,$ $k\geq 2s$
$\sum_{\mathrm{k}\in I_{0}(k,*,\ell)}\text{ }(\mathrm{k})=2(1-2^{1-k})\zeta(\mathrm{k})$ .
MZV Zagier














MZV $\zeta(k, k, k, \ldots, k)$
sinx
(3) $k,$ $n>0$












$a_{1}+2a_{2}+ \cdot\cdot+\mathrm{n}a_{n}=n\sum_{a_{\mathrm{j}}\geq 0}\cdot\prod_{l=1}^{n-1}(\frac{|B_{2l}|}{(2l)!\cdot 2l})^{a_{l}}\frac{1}{a_{l!}}$
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